On the basis of the excellent driving force demand of hybrid electric vehicles (HEVs), this paper studies the torque property of the compound-structure permanent-magnet motor (CSPM motor) used for HEVs, which is influenced by magnetic field oversaturation and variable nonlinear parameters. Firstly, the system configuration of HEVs based on CSPM motor and its working mode are introduced. Next, the state equation of CSPM motor in three-phase stationary coordinate system is proposed in order to investigate its torque performance; then, the factors affecting the output torque are gained. Finite element method (FEM)-based electromagnetic parameters analysis and design is carried out, to raise the output torque and reduce the torque ripple of CSPM motor. Besides, optimized design parameters are used to establish the FEM model, and the simulation results of electromagnetic performances for the CSPM motor before and after optimization are given to verify the rationality of optimization. Abstract: On the basis of the excellent driving force demand of hybrid electric vehicles (HEVs), this paper studies the torque property of the compound-structure permanent-magnet motor (CSPM motor) used for HEVs, which is influenced by magnetic field oversaturation and variable nonlinear parameters. Firstly, the system configuration of HEVs based on CSPM motor and its working mode are introduced. Next, the state equation of CSPM motor in three-phase stationary coordinate system is proposed in order to investigate its torque performance; then, the factors affecting the output torque are gained. Finite element method (FEM)-based electromagnetic parameters analysis and design is carried out, to raise the output torque and reduce the torque ripple of CSPM motor. Besides, optimized design parameters are used to establish the FEM model, and the simulation results of electromagnetic performances for the CSPM motor before and after optimization are given to verify the rationality of optimization.
Introduction
At present, in the face of the global energy crisis and environmental pollution problems, hybrid electric vehicles (HEVs), as an environmentally friendly choice, have been developed rapidly. The HEVs use a dual-rotor motor as a power distribution device, together with an advanced control system, to make the two power units, i.e., the internal combustion engine (ICE) and battery cooperate to achieve low energy consumption and low pollution [1] . Nowadays, power distribution devices mainly contain electric variable transmission (EVT), a compound-structure permanent-magnet motor (CSPM motor), a switched reluctance motor (SRM), magnetic-geared EVT, and the radial magnetic-field modulated brushless double-rotor machine (RMFM-BDRM), whose performances directly affect the quality of HEVs [2] [3] [4] [5] [6] .
The CSPM motor as an electromechanical energy conversion device with a dual-rotor structure has been widely utilized in industry, for instance in HEVs, due to the high torque density, wide speed range, and long working life. The CSPM motor can achieve different energy flows in HEVs and transmit torque to drive the vehicle. However, it also has the problem of electromagnetic coupling, which affects the driving force and running stability. To achieve electromagnetic decoupling in the CSPM motor, the following research has been carried out by national and international scholars and researchers [7] [8] [9] [10] [11] [12] : (1) studying the working principle of the CSPM motor under compound excitation source using the magnetic circuit mathematical model and analyzing its inductance parameters based on the finite element method (FEM); (2) studying the influence of structural parameters on the coupling degree to optimize the electromagnetic structure of the CSPM motor. Different electromagnetic structure schemes are designed and compared, such as the different permanent magnet sizes, outer rotor yoke thicknesses, stator winding armature reaction, and material utilization ratios; (3) studying the different topology schemes of the CSPM motor, then the electromagnetic coupling degree, torque density and heat dissipation are compared to meet the different requirements in the hybrid power system; (4) establishing the magnetic network calculation model, together with the Matlab software to analyze the parameters of CSPM motor. The influence of structural parameters on the electromagnetic coupling degree is explored in order to optimize the structural parameters; (5) studying the torque control strategy of the CSPM motor based on the mathematical model and load characteristics, to realize independent control of the output speed and torque.
To meet the demands of the large traction and smooth operation of HEVs, the aim of this paper is to increase the output torque and reduce the torque ripple of the CSPM motor. The system configuration of HEVs based on the CSPM motor and its working mode are presented in Section 2. The mathematical model of the CSPM motor is derived in Section 3 to analyze the factors affecting torque performance. In Section 4, the electromagnetic parameters analysis and the optimization of the CSPM motor are carried out, adopting 2D FEM to estimate the effects of different structure sizes on torque properties. Appropriate design parameters are used to establish the FEM model, and the performance of the CSPM motor before and after optimization is compared in Section 5. The simulation results prove the reasonableness and validity of electromagnetic parameters optimization. Figure 1 is the diagram of HEVs based on CSPM motor. The CSPM motor is located between the ICE and HEVs, which consist of a stator with three phase winding, an inner rotor with three phase winding, and an outer rotor with two layers of permanent magnets. The inner rotor connects with ICE, and the outer rotor links with the HEVs. The permanent magnet inside and outside the outer rotor is embedded and surface-mounted, separately. The three-phase windings of inner rotor connect with the three collector rings on the rotating shaft, and the electric energy is derived by the electric brush. The stator and outer rotors with their outside permanent magnets constitute the stator machine (SM). The inner rotor and the outer rotor with inside permanent magnets comprise the double-rotor machine (DRM). Both the SM and DRM can be regarded as a permanent magnet synchronous motor. magnet sizes, outer rotor yoke thicknesses, stator winding armature reaction, and material utilization ratios; (3) studying the different topology schemes of the CSPM motor, then the electromagnetic coupling degree, torque density and heat dissipation are compared to meet the different requirements in the hybrid power system; (4) establishing the magnetic network calculation model, together with the Matlab software to analyze the parameters of CSPM motor. The influence of structural parameters on the electromagnetic coupling degree is explored in order to optimize the structural parameters; (5) studying the torque control strategy of the CSPM motor based on the mathematical model and load characteristics, to realize independent control of the output speed and torque.
System Configuration and Working Mode

System Configuration
To meet the demands of the large traction and smooth operation of HEVs, the aim of this paper is to increase the output torque and reduce the torque ripple of the CSPM motor. The system configuration of HEVs based on the CSPM motor and its working mode are presented in Section 2. The mathematical model of the CSPM motor is derived in Section 3 to analyze the factors affecting torque performance. In Section 4, the electromagnetic parameters analysis and the optimization of the CSPM motor are carried out, adopting 2D FEM to estimate the effects of different structure sizes on torque properties. Appropriate design parameters are used to establish the FEM model, and the performance of the CSPM motor before and after optimization is compared in Section 5. The simulation results prove the reasonableness and validity of electromagnetic parameters optimization. Figure 1 is the diagram of HEVs based on CSPM motor. The CSPM motor is located between the ICE and HEVs, which consist of a stator with three phase winding, an inner rotor with three phase winding, and an outer rotor with two layers of permanent magnets. The inner rotor connects with ICE, and the outer rotor links with the HEVs. The permanent magnet inside and outside the outer rotor is embedded and surface-mounted, separately. The three-phase windings of inner rotor connect with the three collector rings on the rotating shaft, and the electric energy is derived by the electric brush. The stator and outer rotors with their outside permanent magnets constitute the stator machine (SM). The inner rotor and the outer rotor with inside permanent magnets comprise the double-rotor machine (DRM). Both the SM and DRM can be regarded as a permanent magnet synchronous motor. SM and DRM are arranged in radial direction, which can regulate the speed and torque of ICE at the same time to make it run in the high efficiency area furthest. Therefore, the fuel efficiencies are improved, and exhaust emissions of HEVs are reduced. The maximum output power of this transmission is the sum power of the ICE and battery. So, under the same maximum output power, the power level of the ICE and battery is less than the traditional vehicles and battery-based EVs.
System Configuration and Working Mode
System Configuration
Working Mode
With the suitable control strategies, the working mode of HEVs based on CSPM motor can be switched in different road conditions to realize the function of idle stop, power compensation, and braking energy feedback, etc. The working mode of the CSPM motor drive system can be divided into pure electric mode, hybrid mode, braking mode, and over-speed mode.
Pure Electric Mode
The HEVs require low power at the start stage, and the efficiency of ICE is low when running at low speed or low-power output. Therefore, to reduce fuel consumptions and exhaust emissions, the CSPM motor works in the pure electric mode, which is only driven by SM; the power flow process is shown in Figure 2a . When SM does not meet the driving force requirement, the DRM also runs in the electric state. At this time, P ICE = 0, P b1 = 0, and P d = 0.
Hybrid Mode (1) CVT mode
This is the main working mode of HEVs based on CSPM motor. The input mechanical energy of ICE is equal to the output mechanical energy of CSPM motor. As the speed or the demand power of HEVs increase to the point where the battery is unable to supply, the ICE starts, as shown in Figure 2b . When the speed of ICE is less than that of HEVs, the DRM is in electric state, and the SM is in generation state to compensate for the required power. When the speed of ICE is larger than that of HEVs, the DRM is in generation state. The output mechanical energy of ICE is converted into electric energy via DRM and transferred to the stator by the air-gap magnetic field to drive the vehicle directly. The DRM transfers the ICE's torque to the outer rotor and compensates the speed difference between the ICE and load. The SM compensates the ICE's torque according to the road load.
(2) Auxiliary Power Mode In CVT mode, only the ICE provides power to drive the vehicle. If the speed increases further, the output power of CSPM motor will be greater than the input power of ICE. At this time, the battery, which is charged by the output power of DRM, will provide the electrical energy to SM to improve its output power, which is given in Figure 2c . The control system should offer energy management strategy to control the energy storage device.
(3) Driving and Parking Generation Mode
When the SOC of battery is lower than the minimum threshold, it is necessary to increase or decrease the output power of ICE and convert the excess energy into electrical energy to charge the battery. The HEVs have driving or parking power generation mode. In the driving generation mode, the ICE provides mechanical energy for DRM to generate electricity. A part of the electric energy is transmitted to SM through the voltage source inverter to finish CVT mode, and the rest is charging the battery, as shown in Figure 2d . In the parking power generation mode, only the DRM operates in power generation mode to charge the battery, as shown in Figure 2e . When the HEVs need to decelerate or break, and the SOC of battery does not exceed the maximum threshold, energy recovery can be achieved by SM braking to generate electricity to improve the utilization rate of energy. The SM and DRM are in the power generation state to charge the battery, which is given in Figure 2f . The battery energy management strategy should be combined to prevent the excessive charging current. The required braking torque is determined according to the brake pedal depth. When the maximum braking torque provided by SM meets the demand braking torque, the reference instruction is equal to the required braking torque; when not satisfied, part of braking torque is provided by SM; the rest is provided by the mechanical brake torque of the driver stepping on the brake pedal.
(2) Regenerative Braking Mode
The load torque is positive, and the SM is in the generation state, as shown in Figure 2g . When they need the larger braking torque, the two motors are broken at the same time, and the DRM is also in the generation state, as shown in Figure 2h. 
Over-Speed Mode
Both SM and DRM are in the electric state, and the output power of battery is large, as shown in Figure 2i . The corresponding energy management strategy must be applied to charge the battery when the SOC is lower than the minimum threshold. When the HEVs need to decelerate or break, and the SOC of battery does not exceed the maximum threshold, energy recovery can be achieved by SM braking to generate electricity to improve the utilization rate of energy. The SM and DRM are in the power generation state to charge the battery, which is given in Figure 2f . The battery energy management strategy should be combined to prevent the excessive charging current. The required braking torque is determined according to the brake pedal depth. When the maximum braking torque provided by SM meets the demand braking torque, the reference instruction is equal to the required braking torque; when not satisfied, part of braking torque is provided by SM; the rest is provided by the mechanical brake torque of the driver stepping on the brake pedal.
(2) Regenerative Braking Mode
Over-Speed Mode
Both SM and DRM are in the electric state, and the output power of battery is large, as shown in Figure 2i . The corresponding energy management strategy must be applied to charge the battery when the SOC is lower than the minimum threshold. It can be seen in Figure 2 that the HEVs based on CSPM motor have various changeable energy flows between SM and DRM, due to the coupling effect between them. This can choose a proper working mode during operation, which is regarded as an advantage of HEVs. However, when the magnetic field is supersaturated, it will change the inductance parameters and increase iron losses, lead to the back EMF or current waveform distortion, which produces torque ripple and weakens output torque [13] . Therefore, the electromagnetic structure of CSPM motor needs to be optimized using mathematical model and electromagnetic analysis method in the next part, to realize the magnetic field decoupling of DRM and SM. Then, the suitable dynamic allocation strategy for each mode will be easier to make to improve the switching operability between different working modes.
State Equation in Three-Phase Stationary Coordinate System
To study the state equation of CSPM motor in three-phase stationary coordinate system, the equivalent circuit diagram of CSPM motor is shown in Figure 3 It can be seen in Figure 2 that the HEVs based on CSPM motor have various changeable energy flows between SM and DRM, due to the coupling effect between them. This can choose a proper working mode during operation, which is regarded as an advantage of HEVs. However, when the magnetic field is supersaturated, it will change the inductance parameters and increase iron losses, lead to the back EMF or current waveform distortion, which produces torque ripple and weakens output torque [13] . Therefore, the electromagnetic structure of CSPM motor needs to be optimized using mathematical model and electromagnetic analysis method in the next part, to realize the magnetic field decoupling of DRM and SM. Then, the suitable dynamic allocation strategy for each mode will be easier to make to improve the switching operability between different working modes.
To study the state equation of CSPM motor in three-phase stationary coordinate system, the equivalent circuit diagram of CSPM motor is shown in Figure 3 . Here, U A , U B , U C , U U , U V , U W is the voltage of three-phase stator winding and inner rotor winding; i A , i B , i C , i U , i V , i W is the current of three-phase stator winding and inner rotor winding, and R A , R B , R C , R U , R V , R W is the resistance of them; L XX is the self-inductance of each phase winding; M XY is the mutual inductance between different phase windings; and E A , E B , E C , E U , E V , E W is the back EMF produced by the outside and the inside permanent magnet cutting the stator and inner rotor windings.
From Figure 3 , it can be seen that the magnetic circuit parameters of CSPM motor contain resistance, self-inductance, and mutual inductance, which are related to the position and speed of inner rotor and outer rotor, etc. Therefore, the CSPM motor is a nonlinear system with multiple variables, strong coupling, and uncertain parameters. For simplicity, the variables of CSPM motor need to be simplified as follows:
(1) Neglecting magnetic circuit saturation; (2) neglecting eddy current loss and hysteresis effect; (3) The resistance of three phase winding is equal; (4) The back EMF and flux linkage of the stator winding and inner rotor winding, and the flux linkage of permanent magnet, are the sinusoidal From Figure 3 , it can be seen that the magnetic circuit parameters of CSPM motor contain resistance, self-inductance, and mutual inductance, which are related to the position and speed of inner rotor and outer rotor, etc. Therefore, the CSPM motor is a nonlinear system with multiple variables, strong coupling, and uncertain parameters. For simplicity, the variables of CSPM motor need to be simplified as follows:
(1) Neglecting magnetic circuit saturation; (2) neglecting eddy current loss and hysteresis effect; (3) The resistance of three phase winding is equal; (4) The back EMF and flux linkage of the stator winding and inner rotor winding, and the flux linkage of permanent magnet, are the sinusoidal waveforms; (5) The distribution of inner and outer air-gap is uniform, and the reluctances of them are constant. Then, the relationship between the voltage (U) and the resistance (R), the current (I), and the flux linkage (Ψ) of CSPM motor in the three-phase stationary coordinate system is expressed in Equation (1) .
[ ] 
in which ΨA, ΨB, ΨC, ΨU, ΨV, ΨW is the flux linkage of three-phase stator winding and inner rotor winding, which is related to the outer rotor's position (θ1), inner rotor's position (θ2), current, and the flux linkage of permanent magnet, as shown in Equation (2) .
Then, the relationship between the voltage (U) and the resistance (R), the current (I), and the flux linkage (Ψ) of CSPM motor in the three-phase stationary coordinate system is expressed in Equation (1).
in which Ψ A , Ψ B , Ψ C , Ψ U , Ψ V , Ψ W is the flux linkage of three-phase stator winding and inner rotor winding, which is related to the outer rotor's position (θ 1 ), inner rotor's position (θ 2 ), current, and the flux linkage of permanent magnet, as shown in Equation (2).
in which Ψ m1 is the flux linkage produced by the outside permanent magnet and Ψ m2 is the flux linkage produced by the inside permanent magnet. The relationship between L XX and M XY can be written as 
In Equation (3), L σ1 and L σ2 is the leakage inductance of outer rotor and inner rotor, respectively; L σ is the difference between L σ1 and L σ2 ; L V is the average inductance; and
is the position inductance that is influenced by the position of outer rotor and inner rotor.
Substituting Equation (2) for Equation (1), the new voltage expression of CSPM motor is in Equation (4) . The resistance matrix (R), mutual inductance matrix (L m ), and the derivative of L m (L m ') are shown in Equation (5).
in which ω 1 , ω 2 is the electric angular velocity of the outer rotor and inner rotor, and i X ' is the derivative of i X .
The electromagnetic torque is the partial derivative of magnetic co-energy to the rotor mechanical angle; then, the torque representation of outer rotor (T or ) and inner rotor (T ir ) can be obtained in Equation (6) based on the virtual displacement method. Here, P n is the pole-pair number of CSPM motor, T 1 and T 3 is the electromagnetic torque produced by stator on the outer rotor and inner rotor, respectively. The electromagnetic torque generated by the outer rotor on the outer rotor or produced by the outer rotor on the inner rotor is identical, which is expressed by T 2 .
in which
From Equation (6), it can be seen that the torque of outer rotor is related to the current, inductance, and mutual inductance in stator winding and inner rotor winding, flux linkage of permanent magnet, while the torque of inner rotor is involved in the inner rotor current, mutual inductance between the two sets of windings, mutual inductance between stator winding, and inner rotor winding, flux linkage of permanent magnet. The inductance and mutual inductance in stator winding and inner rotor winding are changed with two rotor's position, and will also be changed when the magnetic field is saturated, which causes the torque ripples of the two rotors [14, 15] . The current of stator winding and inner rotor winding can also affect the torque ripple. This is because the three-phase current in the two sets windings will produce a rotating magnetic field with three speeds in the outer and inner air-gap, since the magnetic circuit of outer rotor is asymmetrical. If the frequency of stator current is f s , it will generate a magnetic field with the speeds n 1 , (1 − s 1 ) n 1, and (1 − 2s 1 ) n 1 ; s 1 is the transfer rate in SM, while in DRM, the frequency of inner rotor current is f ir , which also produces three magnetic fields in the inner air-gap, i.e., n 2 , (1 − s 2 ) n 2, and (1 − 2s 2 ) n 2 ; s 2 is the transfer rate in DRM. The magnetic field with different speed interactions with each other will result in the torque ripple. These aspects are analyzed in the next part to add the output torque and decrease the torque ripple of CSPM motor.
When CSPM motor operates in the load condition, the flux linkage produced by the stator winding and inner rotor winding current interacts with the flux linkage of inner and outer permanent magnets, then generates the electromagnetic torque on the outer rotor. The electromagnetic torque and load demand torque interact with each other to keep the outer rotor running smoothly. Therefore, the matching between the two currents and permanent magnet size will also affect the output torque performance.
Analysis and Optimization of CSPM Motor Based on FEM
This section studies the torque properties of CSPM motor by optimizing the design of the electromagnetic parameters. The total output torque of CSPM motor is the sum of output torque of SM and DRM, so their torque properties are studied separately.
The analyzed variables used to investigate the torque capabilities are as follows:
(1) The variation range of air-gap length is between 0.35 mm and 0.75 mm, and the variable step is 0.05 mm; (2) The variation range of core length is 85 mm to 120 mm, and the variation step is 5 mm; (3) The current frequency of two sets winding changes from 112 Hz to 161 Hz, and the variable step is 5 Hz. The current of stator winding and inner rotor winding is between 150 A and 180 A, and the change step is 10 A. (4) The variation of the polar arc coefficient for permanent magnet is 0.5-0.9, and the step length is 0.05. The current change rule of stator winding and inner rotor winding is as (3);
Energies 2018, 11, 2156 9 of 19 (5) The thickness of permanent magnet varies in the range of 3.5-5.5 mm, and the step length is 0.25 mm. The current also changes as (3); (6) The skewing-slot angle changes from 1 degree to 15 degrees, and the variable step is 1 degree. (7) The percentage of torque ripple (T ripple ) is defined as follows:
in which T max is the maximum of output torque in CSPM motor, and T avg is the average of output torque. The detailed analysis process and results are displayed as follows.
Air-Gap Length
The air-gap length influences the air-gap harmonic content, and also affects the performance, reliability, processing difficulty, and cost of CSPM motor [16] . Figure 4 shows the curves of average torque and torque ripple percentage of SM and DRM. The curve of DRM corresponds to the length of inner air-gap, and that of SM relates to the length of outer air-gap.
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The detailed analysis process and results are displayed as follows.
The air-gap length influences the air-gap harmonic content, and also affects the performance, reliability, processing difficulty, and cost of CSPM motor [16] . Figure 4 shows the curves of average torque and torque ripple percentage of SM and DRM. The curve of DRM corresponds to the length of inner air-gap, and that of SM relates to the length of outer air-gap. In Figure 4a , it can be seen that with the increasing of air-gap length, the average torques of DRM and SM are basically stable. The average torque of DRM is about −26 Nm, and that of SM is around 175 Nm. Positive and negative sign represents the fact that the SM and DRM are working in different states, i.e., electric state or power generation state, while in Figure 4b , the torque ripple degree of the two machines decreases seriously with the increase of air-gap length, then tends to be stable. The torque ripple of DRM decreases obviously with the increase of air gap length when the inner air-gap length is 0.35 mm-0.5 mm. When the length exceeds 0.5 mm, the fluctuation range is small. The reason is that the smaller air-gap length reduces the installation coaxial degree of CSPM motor, increasing the vibration and noise during operation. For SM, the torque ripple decreases rapidly when the range of outer air-gap length is 0.35 mm-0.65 mm, then changes steadily. Therefore, the torque ripple can be significantly reduced via optimizing the air-gap length, and has small impact on the output torque.
Core Length
The core length of CSPM motor affects its electromagnetic load. The average torque and torque ripple percentages of SM and DRM with different core lengths are shown in Figure 5 . In Figure 4a , it can be seen that with the increasing of air-gap length, the average torques of DRM and SM are basically stable. The average torque of DRM is about −26 Nm, and that of SM is around 175 Nm. Positive and negative sign represents the fact that the SM and DRM are working in different states, i.e., electric state or power generation state, while in Figure 4b , the torque ripple degree of the two machines decreases seriously with the increase of air-gap length, then tends to be stable. The torque ripple of DRM decreases obviously with the increase of air gap length when the inner air-gap length is 0.35 mm-0.5 mm. When the length exceeds 0.5 mm, the fluctuation range is small. The reason is that the smaller air-gap length reduces the installation coaxial degree of CSPM motor, increasing the vibration and noise during operation. For SM, the torque ripple decreases rapidly when the range of outer air-gap length is 0.35 mm-0.65 mm, then changes steadily. Therefore, the torque ripple can be significantly reduced via optimizing the air-gap length, and has small impact on the output torque.
The core length of CSPM motor affects its electromagnetic load. The average torque and torque ripple percentages of SM and DRM with different core lengths are shown in Figure 5 . Figure 5 shows that, the longer the core is, the larger the average torque is, and the greater the torque ripple is. This is because the raise of core length increases the magnetic flux variation in the two windings, which adds the magnetic co-energy and then increases the average torque of the two machines. The longer core length will also increase the edge flux, which raises the radial magnetic force and the torque ripple. In actual design, the core can be lengthened properly to increase the output torque of CSPM motor. Nevertheless, this method also increases the torque ripple seriously, and the material amount and processing cost will also increase. Figure 5 shows that, the longer the core is, the larger the average torque is, and the greater the torque ripple is. This is because the raise of core length increases the magnetic flux variation in the two windings, which adds the magnetic co-energy and then increases the average torque of the two machines. The longer core length will also increase the edge flux, which raises the radial magnetic force and the torque ripple. In actual design, the core can be lengthened properly to increase the output torque of CSPM motor. Nevertheless, this method also increases the torque ripple seriously, and the material amount and processing cost will also increase. Figure 6a shows the average torque of SM at different stator winding current frequencies, and Figure 6b shows DRM at different inner rotor winding current frequencies. One can find that the average torque of the two machines increases with the increasing of current frequency when the current remains constant. This is because the increasing of current frequency reduces the magnetic flux, which decreases the magnetic coupling degree in SM and DRM. Also, it can be found that, under the same current frequency, the average torque of them increases with the current. However, when the current increases to a certain degree, the torque has a declining trend. In Figure 6a , it can be seen that the average torque of SM when the stator current is 180 A is smaller than the value with the current is 170 A, after the current frequency is more than 140 Hz, while Figure 6b also features a similar situation. This is because the larger current has increased the magnetic field's saturation degree. When the magnetic field is oversaturated, the magnetic flux lines flowing in the SM and DRM interfere with each other, which weakens the intensity of the air-gap magnetic field, reducing the torque output capacity. Figure 6a shows the average torque of SM at different stator winding current frequencies, and Figure 6b shows DRM at different inner rotor winding current frequencies. One can find that the average torque of the two machines increases with the increasing of current frequency when the current remains constant. This is because the increasing of current frequency reduces the magnetic flux, which decreases the magnetic coupling degree in SM and DRM. Also, it can be found that, under the same current frequency, the average torque of them increases with the current. However, when the current increases to a certain degree, the torque has a declining trend. In Figure 6a , it can be seen that the average torque of SM when the stator current is 180 A is smaller than the value with the current is 170 A, after the current frequency is more than 140 Hz, while Figure 6b also features a similar situation. This is because the larger current has increased the magnetic field's saturation degree. When the magnetic field is oversaturated, the magnetic flux lines flowing in the SM and DRM interfere with each other, which weakens the intensity of the air-gap magnetic field, reducing the torque output capacity. Figure 5 shows that, the longer the core is, the larger the average torque is, and the greater the torque ripple is. This is because the raise of core length increases the magnetic flux variation in the two windings, which adds the magnetic co-energy and then increases the average torque of the two machines. The longer core length will also increase the edge flux, which raises the radial magnetic force and the torque ripple. In actual design, the core can be lengthened properly to increase the output torque of CSPM motor. Nevertheless, this method also increases the torque ripple seriously, and the material amount and processing cost will also increase. Figure 6a shows the average torque of SM at different stator winding current frequencies, and Figure 6b shows DRM at different inner rotor winding current frequencies. One can find that the average torque of the two machines increases with the increasing of current frequency when the current remains constant. This is because the increasing of current frequency reduces the magnetic flux, which decreases the magnetic coupling degree in SM and DRM. Also, it can be found that, under the same current frequency, the average torque of them increases with the current. However, when the current increases to a certain degree, the torque has a declining trend. In Figure 6a , it can be seen that the average torque of SM when the stator current is 180 A is smaller than the value with the current is 170 A, after the current frequency is more than 140 Hz, while Figure 6b also features a similar situation. This is because the larger current has increased the magnetic field's saturation degree. When the magnetic field is oversaturated, the magnetic flux lines flowing in the SM and DRM interfere with each other, which weakens the intensity of the air-gap magnetic field, reducing the torque output capacity. The torque ripple produced by SM and DRM at different currents and current frequencies is given in Figure 7 . It can be known that the torque ripple reductions are correlated with the current frequency adds under the same current. When the current in the two sets of winding is 170 A and 180 A, respectively, the torque declines slower than the currents 150 A and 160 A. This is because the adding of the current causes the magnetic field to reach a saturation state more easily; then, the magnetic circuit parameters will be changed, which impacts the working stability. The torque ripple produced by SM and DRM at different currents and current frequencies is given in Figure 7 . It can be known that the torque ripple reductions are correlated with the current frequency adds under the same current. When the current in the two sets of winding is 170 A and 180 A, respectively, the torque declines slower than the currents 150 A and 160 A. This is because the adding of the current causes the magnetic field to reach a saturation state more easily; then, the magnetic circuit parameters will be changed, which impacts the working stability. 
Different Winding Current Frequency
Matching between Permanent Magnet Size and Winding Currents
In order to reduce the magnetic field coupling degree between SM and DRM, as well as the size of CSPM motor, the magnetization direction of permanent magnets on both sides of the outer rotor is in the radial direction. The structural dimensions of permanent magnet include axial length, circumferential width, and magnetizing direction thickness. The axial length of permanent magnet is usually the same as the length of the core. This section improves the performance of CSPM motor by optimizing the matching relationship between the two winding currents and the width, the thickness of the permanent magnets.
The pole arc coefficient of the permanent magnet is the ratio of the width to pole distance, which affects the magnetic flux per pole, air-gap flux density, the corresponding position between stator slot and outer permanent magnets, and the corresponding position between inner rotor slot and inner permanent magnets. The influence of permanent magnet's width on the torque characteristics can be studied by changing the pole arc coefficient of it. Figure 8 is the effect of permanent magnet pole arc coefficient on the average torque. Figure 8a shows the stator winding current, and Figure 8b shows the inner rotor winding current. 
The pole arc coefficient of the permanent magnet is the ratio of the width to pole distance, which affects the magnetic flux per pole, air-gap flux density, the corresponding position between stator slot and outer permanent magnets, and the corresponding position between inner rotor slot and inner permanent magnets. The influence of permanent magnet's width on the torque characteristics can be studied by changing the pole arc coefficient of it. Figure 8 is the effect of permanent magnet pole arc coefficient on the average torque. Figure 8a shows the stator winding current, and Figure 8b shows the inner rotor winding current. The torque ripple produced by SM and DRM at different currents and current frequencies is given in Figure 7 . It can be known that the torque ripple reductions are correlated with the current frequency adds under the same current. When the current in the two sets of winding is 170 A and 180 A, respectively, the torque declines slower than the currents 150 A and 160 A. This is because the adding of the current causes the magnetic field to reach a saturation state more easily; then, the magnetic circuit parameters will be changed, which impacts the working stability. 
The pole arc coefficient of the permanent magnet is the ratio of the width to pole distance, which affects the magnetic flux per pole, air-gap flux density, the corresponding position between stator slot and outer permanent magnets, and the corresponding position between inner rotor slot and inner permanent magnets. The influence of permanent magnet's width on the torque characteristics can be studied by changing the pole arc coefficient of it. Figure 8 is the effect of permanent magnet pole arc coefficient on the average torque. Figure 8a shows the stator winding current, and Figure 8b shows the inner rotor winding current. As can be seen in Figure 8 , the average torque of SM and DRM continually increased with the rise of permanent magnet pole arc coefficient. The main cause is that the increase of pole arc coefficient adds the magnetic flux produced by the permanent magnet, so the total magnetic flux flowing in the SM and DRM also increases. Although the number of stator and inner rotor winding turns is constant, the flux linkage in the two machines also increases, which results in the output torque increasing. The average torque of the two machines also increases with the larger current under the same polar arc coefficient.
The relationship between the torque ripple and the polar arc coefficient is shown in Figure 9 . It can be observed that the pole arc coefficient of permanent magnet has great influence on the torque ripple. With the increase of pole arc coefficient, the torque ripple of SM and DRM decreases first, then increases, decreases, and, lastly, increases. The torque ripple of SM obtains the minimum when the polar arc coefficient is 0.6 and 0.8, while the DRM obtains the minimum at 0.6 and 0.75. Under the same polar arc coefficient, the torque ripple of SM will increase with the addition of the stator winding current, and that of the DRM will also increase with the increase of the inner rotor winding current.
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Skewed Slots
The skewing-slot of stator and inner rotor core can weaken the tooth harmonic potential, optimize the back EMF waveform, and output torque waveform [17, 18] . The average torque and torque ripple percentages of SM and DRM with different skewing angles are shown in Figure 12 . The skewing angle of stator affects the torque properties of SM, and the skewing angle of inner rotor affects the torque properties of DRM. From Figure 12a , it can be seen that the increasing of skewed slot will slightly weaken the output torque. The torque average in SM drops from 100 Nm to 80 Nm within the range of skewing angle. The changing trend of torque in DRM is slightly reduced and then increased, and 7 degrees is the turning point. However, the skewed slot has a good effect on reducing the torque ripple. Figure 12b shows that the torque ripple of SM and DRM decreases observably with the increasing skewing angle in stator and inner rotor, but the specific changes are different. The torque ripple percentage of SM From Figure 11 , it can be seen that with the increase of the permanent magnet's thickness, the torque ripple of SM and DRM shows the similar tendency. The increase of the current will increase the torque ripple under the same permanent magnet thickness. The torque ripple increases with the thickness under the same current. This is because the raise of flux produced by the two excitation sources makes the magnetic circuit easy to saturate, then aggravates the output torque fluctuation. When the thickness of SM and DRM is less than 5 mm and 4.75 mm, the torque ripple raises slowly and then increases significantly. The output torque of CSPM motor can be increased by increasing the thickness of permanent magnet properly, but the stability of the torque output will become worse if the thickness is too large.
The skewing-slot of stator and inner rotor core can weaken the tooth harmonic potential, optimize the back EMF waveform, and output torque waveform [17, 18] . The average torque and torque ripple percentages of SM and DRM with different skewing angles are shown in Figure 12 . The skewing angle of stator affects the torque properties of SM, and the skewing angle of inner rotor affects the torque properties of DRM. From Figure 11 , it can be seen that with the increase of the permanent magnet's thickness, the torque ripple of SM and DRM shows the similar tendency. The increase of the current will increase the torque ripple under the same permanent magnet thickness. The torque ripple increases with the thickness under the same current. This is because the raise of flux produced by the two excitation sources makes the magnetic circuit easy to saturate, then aggravates the output torque fluctuation. When the thickness of SM and DRM is less than 5 mm and 4.75 mm, the torque ripple raises slowly and then increases significantly. The output torque of CSPM motor can be increased by increasing the thickness of permanent magnet properly, but the stability of the torque output will become worse if the thickness is too large.
The skewing-slot of stator and inner rotor core can weaken the tooth harmonic potential, optimize the back EMF waveform, and output torque waveform [17, 18] . The average torque and torque ripple percentages of SM and DRM with different skewing angles are shown in Figure 12 . The skewing angle of stator affects the torque properties of SM, and the skewing angle of inner rotor affects the torque properties of DRM. From Figure 12a , it can be seen that the increasing of skewed slot will slightly weaken the output torque. The torque average in SM drops from 100 Nm to 80 Nm within the range of skewing angle. The changing trend of torque in DRM is slightly reduced and then increased, and 7 degrees is the turning point. However, the skewed slot has a good effect on reducing the torque ripple. Figure 12b shows that the torque ripple of SM and DRM decreases observably with the increasing skewing angle in stator and inner rotor, but the specific changes are different. The torque ripple percentage of SM From Figure 12a , it can be seen that the increasing of skewed slot will slightly weaken the output torque. The torque average in SM drops from 100 Nm to 80 Nm within the range of skewing angle. The changing trend of torque in DRM is slightly reduced and then increased, and 7 degrees is the turning point. However, the skewed slot has a good effect on reducing the torque ripple. Figure 12b Energies 2018, 11, 2156 14 of 19 shows that the torque ripple of SM and DRM decreases observably with the increasing skewing angle in stator and inner rotor, but the specific changes are different. The torque ripple percentage of SM continuous declines from 37.3% to 8.6% and achieves the minimum when the skewing angles are 15 degrees. The change curve of torque ripple in DRM is "V" type, and reaches its lowest point when the skewing angles is 7 degrees. The reason is that when the skewing angles of stator and inner rotor are 15 degrees and 7 degrees, respectively, the first order tooth harmonic magnetic field in the two machines can be effectively weakened; then, the air-gap harmonic magnetic field also be decreased. The skewed slot of the stator and inner rotor changes the conductor distribution in the magnetic field. It causes the induced voltage and radial force of every conductor to have a spatial phase difference along the axial direction. Thus, the effective part of the magnetic field will be reduced; then, the coupling action in the SM and DRM will be weakened.
Performance Comparison before and after Optimization
According to the above electromagnetic parameters optimization design, the design parameters of CSPM motor are given in Table 1 . The FEM model of CSPM motor is established based on the selected parameters, as shown in Figure 13 . In order to reduce the FEM calculation time, the 1/8 FEM model of CSPM motor is adopted for analyses due to its symmetrical structure [19, 20] . The electromagnetic performances of CSPM motor before and after optimization are compared using the 1/8 FEM model based on FEM, and the simulation results, which include the field distribution, induced voltage, flux linkage, and output torque, are given as follows.
Field Distribution
The magnetic flux density distribution of CSPM motor at rated load is shown in Figure 14 . As can be seen from Figure 14 , the larger magnetic flux density appears in the stator tooth, part of the stator yoke, and the inner rotor tooth, which is about 2 T. The magnetic flux density in most part of the stator yoke, inner rotor yoke, and outer rotor yoke is about 1.69 T, while the lowest magnetic flux density arises in the stator slot and inner rotor slot, which can not only increase the power density of CSPM motor, but also greatly reduce the iron consumption at high speed. The heat dissipation of inner rotor is more difficult, for it is located in the innermost part of CSPM motor. The lower magnetic flux density will also improve the heat dissipation performance of DRM, thus improving the insulation reliability. At this time, the unsaturated magnetic field reduces the mutual coupling between SM and DRM, which strengthens the working stability and control accuracy of this transmission. In order to reduce the FEM calculation time, the 1/8 FEM model of CSPM motor is adopted for analyses due to its symmetrical structure [19, 20] . The electromagnetic performances of CSPM motor before and after optimization are compared using the 1/8 FEM model based on FEM, and the simulation results, which include the field distribution, induced voltage, flux linkage, and output torque, are given as follows.
The magnetic flux density distribution of CSPM motor at rated load is shown in Figure 14 . In order to reduce the FEM calculation time, the 1/8 FEM model of CSPM motor is adopted for analyses due to its symmetrical structure [19, 20] . The electromagnetic performances of CSPM motor before and after optimization are compared using the 1/8 FEM model based on FEM, and the simulation results, which include the field distribution, induced voltage, flux linkage, and output torque, are given as follows.
The magnetic flux density distribution of CSPM motor at rated load is shown in Figure 14 . As can be seen from Figure 14 , the larger magnetic flux density appears in the stator tooth, part of the stator yoke, and the inner rotor tooth, which is about 2 T. The magnetic flux density in most part of the stator yoke, inner rotor yoke, and outer rotor yoke is about 1.69 T, while the lowest magnetic flux density arises in the stator slot and inner rotor slot, which can not only increase the power density of CSPM motor, but also greatly reduce the iron consumption at high speed. The heat dissipation of inner rotor is more difficult, for it is located in the innermost part of CSPM motor. The lower magnetic flux density will also improve the heat dissipation performance of DRM, thus improving the insulation reliability. At this time, the unsaturated magnetic field reduces the mutual coupling between SM and DRM, which strengthens the working stability and control accuracy of this transmission. As can be seen from Figure 14 , the larger magnetic flux density appears in the stator tooth, part of the stator yoke, and the inner rotor tooth, which is about 2 T. The magnetic flux density in most part of the stator yoke, inner rotor yoke, and outer rotor yoke is about 1.69 T, while the lowest magnetic flux density arises in the stator slot and inner rotor slot, which can not only increase the power density of CSPM motor, but also greatly reduce the iron consumption at high speed. The heat dissipation of inner rotor is more difficult, for it is located in the innermost part of CSPM motor. The lower magnetic flux density will also improve the heat dissipation performance of DRM, thus improving the insulation reliability. At this time, the unsaturated magnetic field reduces the mutual coupling between SM and DRM, which strengthens the working stability and control accuracy of this transmission.
Induced Voltage before and after Optimization
The back EMF waveforms in the stator and inner rotor windings before and after the optimization are compared in Figure 15 .
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The back EMF waveforms in the stator and inner rotor windings before and after the optimization are compared in Figure 15 . It can be seen from Figure 15 that before the optimization design of electromagnetic parameters, the back EMF waveforms in the three phase windings (ABC) and inner rotor three phase winding (UVW) are flat-topped, which are seriously distortion. After the above parameter optimization, the back EMF waveform of the stator windings and inner rotor windings had a better sine character. The back EMF with good sinusoidal degree can improve the control accuracy of the whole vehicle system and reduce the loss and torque ripple. The amplitudes of the two windings also increase compared with the former. The peak-peak value of back EMF in the stator windings before optimization is about 242.5 V, which then changes into 270.8 V after optimization. In the inner rotor winding, the former peak-peak value of back EMF is approximately 121.3 V, which then increases to 142.7 V. The results show that the harmonics in the inner and outer air-gap is dominated by the fundamental content after optimization. The better magnetic characteristics of air-gap can increase the linearity of magnetic circuit parameters and reduce the interference between SM and DRM; then, the output torque smoothness of CSPM motor is also improved. Figure 16 is the flux linkage waveform of the stator and inner rotor windings after optimization. It can be seen that the flux linkage waveforms of the two sets of windings are close to the sine wave, and the sinusoidal degree of the stator windings is a little higher. Therefore, the best way to optimize the flux linkage waveform and improve the magnetic field distribution of DRM should continue to be investigated, to make the energy transmission in the CSPM motor more flexible to enhance the working performance of it. 
Output Torque before and after Optimization
The output torque waves of SM and DRM are shown in Figure 17 . The blue curve represents the output torque before optimization, while the red curve represents the output torque after optimization. It can be seen that the torque ripple of CSPM motor decreases significantly after parameters optimization, and the output torque is increased compared with the former. Before optimization, the average output torque for SM and DRM was 168.4 Nm and −19.6 Nm, respectively.
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The torque ripples of SM and DRM are 14.7% and 55.3%, respectively, while after optimization, the average output torque for SM is about 196.2 Nm with a torque ripple of 2.5%, and that of the DRM is about −31.8 Nm with a torque ripple of 3%. The result from FEM shows good output torque of CSPM motor. Smooth output torque can improve the control accuracy and the reliability of the system, which are better suited to be used in HEVs. 
Conclusions
As an electromechanical energy conversion device in the hybrid power system, the CSPM motor can realize the different energy flows in HEVs and then transfer the torque to drive the vehicle. The energy transmission depends on the electromagnetic field coupling effect between the two machines, i.e., SM and DRM. The electromagnetic parameters of CSPM motor will become nonlinear when the magnetic field becomes supersaturated, which will affect the work performance of the machine. This paper is designed to raise the output torque and reduce the torque ripple of CSPM motor used for HEVs. The system configuration, working mode, and state equation of CSPM motor are described, separately. The electromagnetic parameters are analyzed and optimized, and appropriate design parameters are received. Then, the performances of CSPM motor before and after optimization are contrasted to demonstrate better working stability. The crux findings of the electromagnetic parameters selection for CSPM motor during the investigation are distilled as follows.
(1) By increasing the air-gap length properly, the torque ripple will be reduced, and there is little impact on the output torque value; (2) The longer core should be chosen to add the average torque of the CSPM motor. However, this method also increases the torque ripple; (3) The average torque increases with the increase of current frequency under the same current; it also increases with the current under the same current frequency. However, the torque will decrease when the current increases to a certain degree. The torque ripple decreases with the increase of current frequency; (4) Choosing a larger pole arc coefficient and thickness of permanent magnet will add the average torque. The pole arc coefficient has a great influence on the torque ripple, and the increasing speed of torque ripple gradually increases with the thickness when the current unchanged. (5) The increase of skewing angle decreases the torque ripple of the CSPM motor observably, and the output torque decreases a little. The torque ripples of SM and DRM are 14.7% and 55.3%, respectively, while after optimization, the average output torque for SM is about 196.2 Nm with a torque ripple of 2.5%, and that of the DRM is about −31.8 Nm with a torque ripple of 3%. The result from FEM shows good output torque of CSPM motor. Smooth output torque can improve the control accuracy and the reliability of the system, which are better suited to be used in HEVs.
(1) By increasing the air-gap length properly, the torque ripple will be reduced, and there is little impact on the output torque value; (2) The longer core should be chosen to add the average torque of the CSPM motor. However, this method also increases the torque ripple; (3) The average torque increases with the increase of current frequency under the same current; it also increases with the current under the same current frequency. However, the torque will decrease when the current increases to a certain degree. The torque ripple decreases with the increase of current frequency; (4) Choosing a larger pole arc coefficient and thickness of permanent magnet will add the average torque. The pole arc coefficient has a great influence on the torque ripple, and the increasing speed of torque ripple gradually increases with the thickness when the current unchanged. (5) The increase of skewing angle decreases the torque ripple of the CSPM motor observably, and the output torque decreases a little.
